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Abstract

The work describes the experimental implementation of a spatial vibration control strategy using multiple structural

sensors distributed over the structure. The control strategy incorporates the spatially weighted vibration objective/

performance function that needs to be minimised for achieving vibration control at certain spatial regions. Experiments

have been undertaken which were focused on a rectangular panel structure with a number of accelerometers attached. An

filtered-X least mean squared (FX-LMS)-based adaptive algorithm has been employed to achieve vibration control at

spatial regions of interest by utilising a continuous spatial weighting function. The experimental results demonstrate the

effectiveness of the spatial control strategy that can be used for controlling vibration at certain regions that are caused by

tonal or broadband excitation.

r 2008 Elsevier Ltd. All rights reserved.

1. Introduction

A significant amount of research work has been performed on the field of active structural vibration control.
Active control strategies can be effectively used to minimise vibration of an entire flexible structure, which is
generally caused by low-frequency excitations. In addition to simply minimising vibration of an entire
structure, there are cases where it is beneficial to minimise vibration only at certain structural regions. For
example, vibration at certain structural regions in a cabin/an acoustic enclosure may be critical for the near-
field sound/noise radiation, so the vibration needs to be suppressed. In this case, it is necessary for the
developed controller to target vibration at those critical regions, and not at the entire structural region. This
way, the control effort can be concentrated on reducing the vibration at the critical spatial regions, which is
the main interest of this work.
ee front matter r 2008 Elsevier Ltd. All rights reserved.
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To design an active controller for structural vibration minimisation, model-based control methods such as
the optimal H2 or H1 control methods [1,2] can be utilised. For the cases in which only vibration at certain
structural regions need to be controlled, spatial H2 or H1 control methods [3–7] have been developed, which
allow the design of an optimal controller that targets vibration control at certain structural regions. However,
there are cases when it may not be practical to obtain a dynamic model of structure for the model-based
control design. In such cases, control methods that are less reliant on the a priori dynamic models can provide
an alternative method. Such control methods include the work that utilises multiple discrete sensors and
spatial interpolations for control design [8,9], and also for generating modal/spatial filters [10–12]. However,
the control methods still require a priori structural information such as mass/stiffness or structural modal
properties. Other work has also utilised shaped continuous piezoelectric films to generate spatial filters for
structural vibration control [13] or for structural sound radiation control [14–17]. In general, the use of
piezoelectric films for efficient spatial filtering still requires accurate mode shapes and boundary conditions. It
is therefore the aim of this work to provide an alternative control method that depends less on the a priori
structural information.

The work presented in this paper focuses on the experimental implementation of active structural vibration
control using spatially weighted structural signals introduced in Ref. [18]. The control method allows a
continuous spatial weighting to be included in the vibration performance objective so that certain structural
regions can be targeted more than other regions. Vibration measurements from sensors are spatially filtered to
produce error signals whose energy correspond to the spatially weighted vibration energy to be minimised.
A control algorithm based on the filtered-X, least mean squared (FX-LMS) adaptation method can then be
used to minimise the relevant spatially weighted vibration energy of the structure.

An advantage of the proposed control method is that it utilises vibration measurements directly from
structural sensors, which do not require a priori structural information in terms of mass, stiffness or modal
properties, in contrast to previous work in Refs. [8–12]. Contrary to the model-based control methods [3–7], a
dynamic model of the structure is also not required, except for the determination of the secondary path model
for the implementation of FX-LMS adaptive control.
2. Spatial vibration control using the spatially weighted vibration method

In some cases, it may not be practical to use a model-based control strategy, such as for vibration control
applications involving complex structures, whose dynamic models may not be readily available. In this case,
non-model-based control is likely to provide a better alternative, in which the structural vibration information
can be accessed from a number of structural sensors distributed over a structure. This current work
concentrates on the experimental attempts to control the spatial vibration profile of a structure, since the
ability to spatially control structural vibration can be advantageous such as for controlling the associated
sound radiation. To measure the spatial profile of a vibrating structure, spatial interpolations (such as the one
used in numerical finite element method [19,20]) have been employed which are also used in this work. The
principle of using spatial interpolations have also been utilised in other work such as in Refs. [8,10] although
the approaches still require the information about structural properties.

Consider a flexible structure system, whose vibration at ðx; yÞ location over the structure is observed at the
nth sample time, expressed by

vxyðx; y; nÞ ¼ vd
xyðx; y; nÞ þ vu

xyðx; y; nÞ (1)

where vd
xy and vu

xy, respectively, represent the structural vibration levels due to the disturbance source and
control source. Note that in general, vxyðx; y; nÞ 2 Rg is a vector quantity with g vibration parameters which
could represent the transverse, angular/rotational, strain vibrations, or other vibration measures. If one
desires to control the spatial vibration of the structure, it would be desirable to monitor the vibration over the
entire structure, and not just at a few structural locations. This may be overcome using the spatial
interpolation approach [18]: Fig. 1 depicts an arbitrary panel-type structure with N structural discrete sensors
distributed over the structure, in which the ith sensor measures vibration vi at a particular location ðxi; yiÞ.
Since the vibration level at structural boundaries is often minimal, nodes No at the boundaries can be included
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Fig. 1. A panel structure with N structural sensors and No nodes at structural boundaries. The vibration level measured by the ith sensor

at location ðxi; yiÞ is vi. The mth element has local coordinates of ðxðmÞ; yðmÞÞ and is constructed from 4 nodes in this example.
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to improve the spatial vibration interpolation, and M elements/regions can then be constructed from N þNo

nodes.
For the mth element/region with local coordinates of ðxðmÞ; yðmÞÞ, the vibration level vðmÞxy at any location
ðxðmÞ; yðmÞÞ within the element can be estimated from sensor measurements. If l sensors are used to construct
nodes for mth element, vðmÞxy 2 Rg will be the estimated elemental vibration profile which are based from
vibration measurements obtained from the sensors, vðmÞ:

vðmÞxy ðx
ðmÞ; yðmÞ; nÞ ¼ HðxðmÞ; yðmÞÞvðmÞðnÞ, (2)

where vðmÞ consists of a group of l vibration measurements associated with the mth element, and HðxðmÞ; yðmÞÞ is
a g� l interpolation function matrix.

Transforming the local coordinates into the global coordinates using a linear transformation matrix, the
vibration at each ðx; yÞ structural location can be estimated from [18]:

vxyðx; y; nÞ ¼Mðx; yÞ vðnÞ, (3)

where v 2 RðNþNoÞ consists of vibration measurements vi and vibrations observed at the nodes. Here, v consists
of vibration signals measured at sensors and at the redundant structural boundary nodes.

2.1. Vibration control at certain spatial regions using spatial weighting

Having obtained the estimated vibration across the structure, structural regions that needs to be controlled
can be emphasised using a continuous spatial weighting function, whose values can continuously vary across
the structure depending on the control requirement. For instance, transverse vibration at one region may need
to be suppressed to reduced sound/noise radiation, while at other region, strain vibration may be suppressed
for improvement of structural fatigue performance. A different spatial weighting function can then be
employed for each vibration parameter (e.g. transverse or strain vibration) whose high weighting values are
given to regions with high-control importance.

In this case, a spatial weighting matrix can be introduced to reflect the spatial regions of interest for
vibration control. A real-symmetric spatial weighting matrix Wðx; yÞ continuous in ðx; yÞ can be introduced
where Wðx; yÞ40 for all locations ðx; yÞ 2 R, where R is the structural region of interest. This weighting
function can be constructed using polynomial functions in ðx; yÞ. The simplest structure for matrix Wðx; yÞ is a
diagonal weighting matrix whose diagonal elements represent the spatial weighting functions for the
associated vibration parameters to be controlled.

Thus, one can construct an objective function JðnÞ representing the spatially weighted vibration energy,
which can be minimised using active control strategies [18]. In this case, the instantaneous spatially weighted
vibration energy at the nth sample time can be constructed by considering the vibration energy across the
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entire surface of a structure:

JðnÞ ¼

Z
R

vxyðx; y; nÞ
TWðx; yÞvxyðx; y; nÞdR

¼ vðnÞT
Z

R

MTðx; yÞWðx; yÞMðx; yÞdR

� �
vðnÞ. (4)

Note that a more detailed explanation on the spatially weighted vibration energy of a structure with multiple
sensors can be found in Ref. [18]. The above integral term can be calculated by

A ¼

Z
R

Mðx; yÞTWðx; yÞMðx; yÞdR

¼ UVUT, (5)

where V and U are the eigenvalue and eigenvector matrices obtained from the eigenvalue decomposition of
matrix A, respectively. Note that since the term in Eq. (5) is integrated over the entire surface of the structure,
the integral term is generally a positive definite matrix. Due to rounding errors that can occur during the
numerical integration, the term might consist of a number of small negative eigenvalues. However, the positive
definiteness of matrix A can still be ensured by considering only a number of dominant eigenvalues that will be
relevant for control. It will be shown in the experimental results that the satisfactory spatial control
performance can be maintained even when only a few dominant eigenvalues are used.

Note that having computed the integral term in Eq. (5), the dimensions of the term can be condensed by
removing the appropriate rows and columns that correspond to the associated No nodes, which are redundant
since vibrations at the nodes (structural boundaries) are minimal [18]. The condensation reduces the
dimensions of the term from N þNo to N. Now, ~v 2 RN , which consists of vibration measurements at sensors
vi, can be used for the rest of discussion in this work.

To simplify the control implementation, only a limited number of the largest eigenvalues of A are actually
needed for control. Suppose that V and U are reduced in size using the eigenvalue-discarding process such that
they now contain only a reduced number of eigenvalues and eigenvectors [18]. The transformed signal vspðnÞ
can now be obtained from the reduced eigenvector and eigenvalue matrices, ~V and ~U:

vspðnÞ ¼ XspvðnÞ � ~V1=2 ~UT ~vðnÞ. (6)

It can be observed that this signal represents the spatially weighted vibration of the entire structure. Thus, an
active control strategy that minimises the energy of this signal would lead to the reduction of the spatially
weighted structural vibration, i.e. reduction of vibration particularly at certain spatial regions with high
weighting values. This instantaneous spatially weighted vibration energy can now be approximated as follows:

JðnÞ ¼

Z
R

vxyðnÞ
TWðx; yÞvxyðnÞdR � vspðnÞ

TvspðnÞ

¼ ~vðnÞTXT
spXsp ~vðnÞ, (7)

where ~v consists of vibration signals measured at sensors.

2.2. Adaptive spatial control using the FX-LMS adaptive control method

Next, the adaptive spatial control implementation using the spatial signal vspðnÞ can be developed. Let PðnÞ
and SðnÞ, respectively, represent the impulse responses at the sensor locations associated with the disturbance
dðnÞ and control input uðnÞ. The vibration signal vðnÞ can be obtained from

vðnÞ ¼ PðnÞ � dðnÞ þ SðnÞ � uðnÞ (8)

where � signifies a linear convolution operation.
Consider the case, where the dimension of the spatial signal vspðnÞ is reduced from potentially N (since N

sensors are used) to Nm after the eigenvalue-discarding approach mentioned in Eq. (6), so vspðnÞ 2 RNm . That
is, the first Nm dominant eigenvalues are used for the determination of ~V and ~U. Suppose there are R
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disturbance signals dðnÞ 2 RR, J reference signals and K control input signals uðnÞ 2 RK . The finite impulse
response (FIR) adaptive filters using L taps are also utilised for adaptive spatial control.

Thus, the relevant signals can be described as:

dðnÞ ¼ ½d1ðnÞ . . . dRðnÞ�
T

vspðnÞ ¼ ½vsp 1ðnÞ . . . vsp Nm
ðnÞ�T

xðnÞ ¼ ½x1ðnÞ
T . . . xJ ðnÞ

T
�T

xjðnÞ ¼ ½xjðnÞ . . . xjðn� Lþ 1Þ�T; j ¼ 1; . . . ; J

uðnÞ ¼ ½u1ðnÞ . . . uK ðnÞ�
T

wðnÞ ¼ ½w1ðnÞ
T . . .wK ðnÞ

T
�T

wkðnÞ ¼ ½wk1ðnÞ . . .wkJ ðnÞ�
T; k ¼ 1; . . . ;K

wkjðnÞ ¼ ½wkj;0ðnÞ . . .wkj;L�1ðnÞ�
T; k ¼ 1; . . . ;K ; j ¼ 1; . . . ; J, (9)

where xðnÞ 2 RJL is the reference signal with xjðnÞ 2 RL containing the last n time-sampled values of the jth
reference signal. Also, wðnÞ 2 RJKL is the weight vector of K adaptive filters with each filter having the order of
L as described in wkjðnÞ 2 RL. Interested readers are referred to Ref. [21] for a more detailed discussion on this
type of multiple channel adaptive control.

The control input can be calculated from filtering the reference signals with the adaptive weight vector [21]:

uðnÞ ¼ XTðnÞwðnÞ, (10)

where X 2 RJKL�K :

X ¼

xðnÞ � � � 0

..

. . .
.

0

0 0 xðnÞ

2
664

3
775. (11)

After the substitution of Eqs. (8) and (10) into Eq. (6), the spatial signal can be obtained:

vspðnÞ ¼ XspðPðnÞ � dðnÞ � SðnÞ � ðXTðnÞwðnÞÞÞ, (12)

where PðnÞ contains the N � R impulse response functions for the primary path; Xsp is the Nm �N spatial
filter matrix; and SðnÞ contains the N � K impulse response functions for the secondary path that can be
estimated using the standard system modelling or identification methods. Thus, each element of vsp can be
disturbance

Controller

d(n)

reference
x(n) u(n) Spatial filter

spatial signals

Vd(n)

Vu(n)

vsp(n)
Λ(n)

ΩspP(z)

S(z)W(z)

LMS

S(z)

+

Fig. 2. FX-LMS adaptive spatial control diagram.



ARTICLE IN PRESS
D. Halim et al. / Journal of Sound and Vibration 315 (2008) 1–216
shown as

vsp iðnÞ ¼ Xi PðnÞ � dðnÞ �
XK

k¼1

SkðnÞ � w
T
k ðnÞxðnÞ

 !
; i ¼ 1; . . . ;Nm, (13)
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Fig. 3. Experimental set-up for a simply-supported panel structure: (a) locations of 16 accelerometers, disturbance and control actuator;

(b) a rectangular panel with the control (top) and disturbance (bottom) actuators.

Table 1

Resonance frequencies of the first five modes of the panel

No. Mode Frequency (Hz)

1 ð1; 1Þ 92.5

2 ð2; 1Þ 213.8

3 ð1; 2Þ 261.3

4 ð2; 2Þ 385.0

5 ð3; 1Þ 430.0
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Fig. 4. Two spatial weighting functions used in the experiment: (a) spatial weighting 1, Q1ðx; yÞ; (b) spatial weighting 2, Q2ðx; yÞ.
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where

SðnÞ ¼ ½S1ðnÞ
T . . .SN ðnÞ

T
�T

XspðnÞ ¼ ½X1ðnÞ
T . . .XNm

ðnÞT�T. (14)

The adaptive weight vector wðnÞ are now adapted using the gradient-based optimisation. Since the
minimisation of the spatially weighted vibration is of interest, it can be shown that the optimisation gradient
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ax

is
 [m

]

0 0.05 0.1 0.15 0.2 0.25 0.3 0.35 0.4
0

0.05

0.1

0.15

0.2

0.25

0.3

0.35

0.05

0.1

0.15

0.2

0.25

0.3

0.35

0.4

0.45

0.5

Fig. 5. Experiment using the spatial weighting 1, Q1ðx; yÞ, for mode ð1; 1Þ at 92.5Hz. The grey-scale bar represents the percentage of

vibration level with respect to the maximum uncontrolled vibration: (a) no control—spatial vibration profile of mode ð1; 1Þ; (b) with
control—experiment; (c) with control—simulation.
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has the form of

rJðnÞ ¼ r

Z
R

vxyðx; y; nÞ
TWðx; yÞvxyðx; y; nÞdR

� �
� rðvspðnÞ

TvspðnÞÞ

� r
XNm

i¼1

vsp iðnÞ
2. (15)

The gradient with respect to the kth weight wkðnÞ can be found by incorporating Eqs. (13) and (15):

=k

XNm

i¼1

vsp iðnÞ
2
¼ �2

XNm

i¼1

XiSkðnÞ � xðnÞvsp iðnÞ, (16)

which then leads to the overall gradient with respect to wðnÞ:

rJ � =
XNm

i¼1

vsp iðnÞ
2
¼ �2fWðnÞ,xðnÞgvspðnÞ (17)

with

W ¼

X1S1ðnÞ X2S1ðnÞ � � � XNm
S1ðnÞ

X1S2ðnÞ X2S2ðnÞ � � � XNm
S2ðnÞ

..

. ..
. . .

. ..
.

X1SK ðnÞ X2SK ðnÞ � � � XNm
SK ðnÞ

2
666664

3
777775, (18)

where Xi is a time-independent matrix and , denotes the Kronecker product convolution which convolve
each element of WðnÞ with vector xðnÞ.
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Fig. 6. Experiment using the spatial weighting 2, Q2ðx; yÞ, for mode ð1; 1Þ at 92Hz. The grey-scale bar represents the percentage of

vibration level with respect to the maximum uncontrolled vibration: (a) with control—experiment; (b) with control—simulation.
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The adaptation process for the spatial control can now be obtained from:

wðnþ 1Þ ¼ wðnÞ �
m
2
rJðnÞ

� wðnÞ þ mKðnÞvspðnÞ, (19)

where m is the convergence coefficient and KðnÞ is

KðnÞ ¼ WðnÞ,xðnÞ. (20)

The implementation of the FX-LMS algorithm is illustrated in Fig. 2, where the spatial signal can be obtained
from the filtering process of the sensors signals by the spatial filter Xsp. Here, vd and vu are the vibration
signals associated with the disturbance and control inputs, respectively. An adaptive LMS algorithm in
Eq. (19) is utilised to optimise the controller coefficients wðnÞ that minimises the instantaneous spatially
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controlled case with Q2ðx; yÞ: for mode ð1; 1Þ at 92.5Hz: (a) no control; (b) spatial control with spatial weighting 1; (c) spatial control with

spatial weighting 2.
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weighted vibration energy JðnÞ. The following section will describe the implementation of the spatial control
strategy to a rectangular panel which is the main part of the work.

3. Experimental implementation of spatial control on a panel structure

For the experiment, a simply-supported steel plate ð400mm� 350mm� 2:8mmÞ was used with N ¼ 16
Analog Devices MEMS ADXL50 accelerometers distributed across the plate as shown in Fig. 3. Note that the
accelerometers used have the application bandwidth of approximately 500Hz, which means that only the
first 5 structural modes up to a frequency of about 440Hz can be observed efficiently. Strips of steel sheets are
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Fig. 8. Experiment using the spatial weighting 1, Q1ðx; yÞ, for mode ð2; 1Þ at 213.8Hz. The grey-scale bar represents the percentage of

vibration level with respect to the maximum uncontrolled vibration: (a) no control—spatial vibration profile of mode ð2; 1Þ; (b) with
control—experiment; (c) with control—simulation.
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attached to the edges of the panel to approximate the simply-supported (or pinned) boundary conditions.
Only 5 largest eigenvalues are used to create the spatial filter Xsp which means that the spatial signals
produced by the 16 accelerometers have the dimensions of only 5, reducing the need to use a large number of
inputs for the error signals used for the adaptive control.

Two LING V-200 electrodynamic shakers were used as disturbance and control sources whose locations are
shown in Fig. 3. The placements of shakers were not optimised since the main interest of the work is to
demonstrate the effectiveness of the proposed adaptive spatial control. However, the positions of both shakers
allowed excitation of the first 5 resonances of the panel. The 5 lowest resonance frequencies are shown in
Table 1. An electronic filtering box was used to implement the spatial filtering based on matrix Xsp and
EZ-ANC II controller was used to implement the FX-LMS based spatial feedforward control by utilising the
spatial signals vspðnÞ with a sampling frequency of 5KHz.

The vibration signals from the accelerometers were initially filtered to obtain spatial signals that represent
the spatially weighted vibration of the entire panel. The energy of the spatial signals can be minimised by
employing the FX-LMS adaptation algorithm to generate necessary control actuation via the attached
electrodynamic shaker. A Polytec PSV-400-3D laser scanning vibrometer was then used to obtain velocity
measurements at 9� 15 points across the panel structure.

For the experiment, linear interpolations and rectangular elements/regions were used to obtain the matrix of
interpolation functions in Eq. (2). Each rectangular element thus consisted of l ¼ 4 sensors at all 4 corners
with the elemental dimensions of hðmÞx and hðmÞy (in xðmÞ and yðmÞ directions, respectively). The linear
interpolation matrix used is

HðxðmÞ; yðmÞÞ ¼

1�
xðmÞ

hðmÞx

 !( )
1�

yðmÞ

hðmÞy

 !( )

xðmÞ

hðmÞx

 !
1�

yðmÞ

hðmÞy

 !( )

1�
xðmÞ

hðmÞx

 !( )
yðmÞ

hðmÞy

 !

xðmÞ

hðmÞx

 !
yðmÞ

hðmÞy

 !

2
666666666666666664

3
777777777777777775

T

. (21)
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Fig. 9. Experiment using the spatial weighting 2, Q2ðx; yÞ, for mode ð2; 1Þ at 213.8Hz. The grey-scale bar represents the percentage of

vibration level with respect to the maximum uncontrolled vibration: (a) with control—experiment; (b) with control—simulation.
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To test the effectiveness of the proposed spatial control, a number of different spatial weightings can be used.
In this work, it was decided to concentrate the work on achieving vibration reduction at certain localised
spatial regions, instead of the entire region of the structure. Therefore, the experiments utilised two
representative spatial weighting functions that emphasised two different spatial regions. The two normalised
scalar spatial weightings Q1ðx; yÞ40 and Q2ðx; yÞ40 are shown in Fig. 4 and spatial filter matrix Xsp can be
obtained from Eq. (6). Note that the two weighting functions have different structural regions of interest as
reflected by the high weighting values. In this case, spatial weightings 1 and 2 have maximum weightings at
(0.133, 0.110m) and (0.265, 0.100m), respectively. Note that the centre of the panel is located at (0.200,
0.175m) so the peak of spatial weighting 1 occurs closer to the centre of the panel compared to that of spatial
weighting 2. The purpose of these spatial weightings is to target regions where vibration control is desirable.
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3.1. Spatial tonal control of a panel structure

In this section, vibration control experiments at a single excitation frequency were performed to observe the
effectiveness of spatial tonal control. Since significant vibration occurred at or near the structural resonance
frequencies, the experiments targeted a number of resonance frequencies.
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3.1.1. Spatial control on mode ð1; 1Þ at 92.5 Hz

The first experiment considered the first structural mode ð1; 1Þ at 92.5Hz. The root mean squared (rms)
vibration profile of the panel with and without control are shown in Fig. 5 for the control case using the spatial
weighting 1. It can be seen that the vibration at the structural region of interest (at the lower left-hand side
(LHS) corner of the panel) has been reduced more than the upper region as expected. The vibration nodal line
occurred closer to the region of interest, which implies that the upper and lower regions vibrated in opposite
directions (i.e. with 180� phase difference). The simulation result based on an idealised simply-supported panel
using an optimal spatial tonal control approach is also shown in Fig. 5(c). Interested readers are referred to
Ref. [18] for a more detailed explanation about this optimal spatial tonal control approach. It is interesting to
note that the spatial vibration profiles obtained from the experiment and the idealised model were reasonably
similar. At higher frequencies, however, more pronounced differences between the experiment and simulation
could be expected since the simulation model was an ideal simply-supported panel which was based on the
modal analysis method with the truncation of higher frequency modes.

When the spatial weighting 2 was used for spatial control, the control results (shown in Fig. 6) are different
from those for the spatial weighting 1 case. The region with minimal vibration, represented by the vibration
nodal line, had been shifted closer to the lower right-hand side (RHS) corner of the panel, which was the
structural region of interest for the spatial weighting 2. As the consequence, the vibration level at the lower
LHS corner had been increased compared to that of the previous case. Thus, it can be seen that the
implemented spatial control was able to minimise vibration at the spatial region of interest by using only a
single control actuator. The control performances could be improved further by increasing the number of
control actuators used.

Fig. 7 shows the average velocity spectrum based on 9� 15 points scanning laser measurements across the
panel. It is interesting to note that below 20Hz there was a significant vibration observed in the spectrum,
which was caused by background vibration in the laboratory. However, the background vibration occurred at
very low frequencies, below the first resonant mode of the panel so it would not significantly influence the
spatial control experiments. For both control cases that used different spatial weightings, the averaged
vibration reductions of the panel were approximately 35 and 36 dB at 92.5Hz, respectively, for spatial
weightings 1 and 2. The results were expected since the overall panel vibration had also been reduced, although
the region of interest had received more vibration reduction as shown in Figs. 5 and 6.
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3.1.2. Spatial control on mode ð2; 1Þ at 213.8 Hz

Experimental results for mode ð2; 1Þ at 213.8Hz are shown in Figs. 8 and 9 for spatial control using spatial
weightings 1 and 2, respectively. After control, it can be observed that the regions of low vibration actually
occurred around a diagonal nodal line over the panel. The results were expected since for the spatial weighting
1 case, the diagonal nodal line cut across the lower LHS region, which was the region of interest for vibration
minimisation. Similarly for the spatial weighting 2 case shown in Fig. 9, the controller also targeted structural
vibration at the lower RHS region. Simulation results also describe similar patterns of results for both
control cases. Fig. 10 shows the average velocity spectrum across the panel, where for both control cases, the
average vibration reductions of the panel were similar at approximately 22.5 dB at the resonance frequency of
mode ð2; 1Þ of 213.8Hz.
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3.1.3. Spatial control on mode ð1; 2Þ at 261.3 Hz

Control results for mode ð1; 2Þ at 261.3Hz are shown in Figs. 11 and 12 for spatial control using spatial
weightings 1 and 2, respectively. Again a diagonal nodal line indicated the location where the vibration level
was lower than that at other regions. The implemented controller had modified the vibration profile of the
panel at that particular frequency so that the structure had a minimal spatially weighted vibration energy.
Simulation results also indicated a similar control behaviour, indicating the actual control results agreed well
with the idealised optimal spatial control results. The average velocity spectrum across the panel is shown in
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Fig. 13. The average panel vibration reduction levels for the spatial weighting 1 and 2 cases were, respectively,
15.5 and 19.5 dB at the resonance frequency of mode ð1; 2Þ of 261.3Hz.

3.1.4. Spatial control on mode ð2; 2Þ at 385.0 Hz

The experimental results for spatial control on the mode ð2; 2Þ at 385.0Hz are shown in Figs. 14 and 15 for
the cases with spatial weightings 1 and 2 respectively. There were two main nodal lines occurring across the
surface of the controlled panel. For the spatial weighting 1 case, a nodal line occurred at the lower LHS of the
panel, cutting across the region with the maximum spatial weighting at (0.133, 0.110m). For spatial weighting
2 case, a nearly vertical nodal line (compared to Fig. 14) occurred closer to the RHS of the panel so that the
vibration at the lower RHS could be suppressed further. The nodal line also cut across the region around
(0.265, 0.100m) which had the maximum weighting for the spatial weighting 2 case.

It should be noted that the ability of a single control actuator to modify a spatial vibration profile can be
limited particularly for vibration modes with high-spatial variations. Thus for higher frequency vibration
control, an improved spatial vibration regulation can be achieved by increasing the number of control
actuators. In addition, the number of sensors used can also limit the control performances since vibration
modes with high-spatial variations will require a more spatially dense sensor arrangement to estimate the
structural vibration profile more accurately.

3.2. Spatial broadband control on a panel structure

The following experiment focussed on broadband control of the panel since broadband structural vibration
could also occur in practice. The experiment had targeted the broadband vibration arising from the first 5
structural modes here since the application bandwidth of the accelerometers was limited to approximately
500Hz. The scanning laser vibrometer was used to measure the rms vibration level at a number of points
across the panel. The vibration profiles for the uncontrolled panel are shown in Fig. 16. The simulation results
were obtained by finding an optimal controller that minimised the spatially weighted cost function using an
optimal H2 control strategy.

It can be shown that both simulation and experimental results show a similar rms vibration profile with the
highest vibration energy occurring in the middle of the panel. From the results, it can be seen that the
contribution of the first 3 modes ð1; 1Þ, ð2; 1Þ and ð1; 2Þ at 92.5, 213.8, 261.3Hz was significant such as shown in
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the average velocity spectrum depicted in Fig. 17(a). The effect of spatial control on the broadband vibration
profile is shown in Fig. 18(a) for the spatial weighting 1. The maximum vibration regions of the controlled
panel still occurred at the LHS and RHS regions of the panel, which were similar to those of the uncontrolled
panel. However the overall vibration had decreased with the maximum rms vibration (occurring around the
centre of the panel) being reduced from 1.1mm/s (as shown in Fig. 16(a)) to 0.6mm/s (Fig. 18(a)).

Furthermore, note that due to the control action, the LHS vibration peak had been shifted up relative to the
RHS vibration peak. The results were expected since the lower LHS region had a high weighting indicated by
the spatial weighting 1, which meant that more vibration reduction was desirable at the lower LHS region.
A similar vibration profile was observed from the simulation as depicted in Fig. 18(b) where the RHS
vibration peak had been also shifted up by control action (the region of interest was shown with a circle).
From Fig. 17(b), the average vibration reductions achieved were 8, 7, 12 and 11 dB for the first 4 modes.
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However, there was a 1 dB vibration increase observed for the 5th mode ð3; 1Þ at 430Hz. Note that since the
broadband case involved simultaneous excitations of a number of structural modes, the spatial vibration
variation was less pronounced than that for tonal cases. In addition, increasing the number of control sources
could also improve the broadband spatial control performance in targeting specific regions.

The broadband spatial control results for the spatial weighting 2 is shown in Fig. 19. In this case, the
vibration peak at the RHS region had been shifted up since the spatial region of interest was located at the
lower RHS region of the panel. The overall vibration had also decreased with the maximum rms vibration
being reduced from 1.1 to 0.6mm/s. Note that the simulation results in Fig. 19(b) shows a similar vibration
profile as observed from the experiments. When the control gain was increased, Fig. 19(c) indicates that
the broadband energy was further reduced in the lower RHS region of interest, so that the vibration in the
region shown in a circle could be further reduced. From Fig. 17(c), the averaged vibration reductions achieved
were 3, 9, 11 and 14 dB for the first 4 modes, while a 1 dB vibration increase was observed for the 5th mode
ð3; 1Þ at 430Hz.

It is interesting to compare the vibration reduction performance of both control cases shown in Figs. 17(b)
and (c). Note that the peak of spatial weighting 1 at (0.133, 0.11m) was closer to the centre of panel at
(0.20, 0.175m), which was also the vibration peak for mode ð1; 1Þ. In contrast, the peak of spatial weighting 2
was closer to the lower RHS corner of the panel. Consequently, the controller for the spatial weighting 1
concentrated more in reducing the strength of mode ð1; 1Þ (by 8 dB) compared to that for the spatial weighting
2 (by only 3 dB). In contrast, the controller for the spatial weighting 2 attempted to reduce the strength of
mode ð2; 2Þ (by 14 dB) more than that for the spatial weighting 1 (by only 11 dB) since vibration mode ð2; 2Þ
also had the maximum transverse vibration very close to the region of interest (at the lower RHS corner of the
panel). In general, the spatial control attempts to control vibration modes that have dominant contributions
to vibration at the region of interest. By increasing the number of control actuators used, the control
performance can be improved since it allows multiple magnitude and phase control actuations for better
regulation of the structural vibration.

4. Conclusions

Experiments on a simply-supported panel structure have been performed in this work, demonstrating the
feasibility of implementing the proposed spatial control method for spatial vibration control. The spatial
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Fig. 19. Rms broadband vibration profile for the controlled panel: experiment and simulation using the spatial weighting 2, Q2ðx; yÞ.
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gain 2.
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signal obtained by spatially filtering the sensor signals, represents the spatially weighted vibration
over an entire structure that can be utilised for active control. The experiments demonstrated that the spatial
control can be utilised to control vibration at particular structural regions. The proposed spatial control can
also be used for controlling the associated noise/sound radiated from a vibrating structure. Since the
vibration information is obtained directly from structural sensors, apart from the determination of the
secondary path model, a dynamic model of the structure is not required in contrast to model-based control,
allowing the spatial control method to be used for complex structures whose dynamic models may not be
readily available.
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